PHAN A. LY THUYET
I. Tong ciia hai vecto

1. Dinh nghia

V&i ba diém bat ki A, B,C , vecto AC duoc goi la téng cta hai vecto AB va BC , ki hiéu la AC = AB+BC

Cho hai vecto &,b . Liy mot diém A tuy ¥, vé AB=4,BC =b . Vecto AC dugc goi 1a tong cua hai vecto

dvab,kihicu AC=a+bh.
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Phép 14y tong ctia hai vecto con dugc goi 1a phép cong vecto.
Vidu 1. Cho tam gidc ABC co trung tuyén AM

Chirng minh AB+MC =AM .

Gidi

2. Quy tic hinh binh hanh

Néu ABCD Ia hinh binh hanh thi AB+ AD = AC .

B

=,

A
Ed

A D
Vi du 2. Cho hinh chit nhat ABCD. Chimg minh | AB+ AD |5 BA+BC|.
Gidi
Theo quy téc hinh binh hanh, ta c6: AB+ AD = AC,BA+BC =BD.
Suyra | AB+AD |5 AC |= AC,|BA+BC |5/ BD |=BD.
Do AC =BD nén | AB+ AD |<| BA+BC|.

3. Tinh chét

Véi ba vectd tuy ¥ d,b,¢ ta co:

- d+b=b+4 (tinh chét giao hoan);

- (@+b)+C=a+(b+c) (tinh chit két hop);

- d+0=0+4d=4a (tinh chit cua vecto-khdng).
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Chu ¥: Tong ba vecto -+ b+¢ duoc xac dinh theo mdt trong hai cach:
(a+b)+¢ hodc a+(b+c).
Vi du 3. Cho bbn diém A, B,C,D . Ching minh

_— —s —s ——

AB+CD+BC = AD.

Giai

Ta co:

AB+CD+BC =AB+BC+CD=(AB+BC)+CD=AC+CD = AD

I1. Hi€u cua hai vec to

1. Dinh nghia
Vecto ¢6 cung d6 dai va ngugc hudng voi vecto d duoc goi 1a vecto ddi ctia vecto &, ki hiéu 1a —&. Hai
vecto d va —a duogc goi la hai vecto doi nhau.

Quy worc: Vecto dbi ciia vecto 0 1a vecto 0.

Nhan xét. 5.+(—a) = (—5) +a=0

~Hai vecto a,b 1a hai vecto dbi nhau khi va chi khi a+b=0.

-V&i hai diém A, B taco: AB+BA=0

- V6iba diém A, B,C bétki, ta c6: AB+BC+CA=0.

Cho hai diém A, B. Khi do, hai vecto AB, BA 1 hai vecto d6i nhau, tirc 13 BA=—AB

Vidu 4. Cho | 1 trung diém ctia doan thdng AB. Ching to IA va IB 1a hai vecto dbi nhau. Viét dang thic
lién h¢ gitra hai vecto do.

Giai

Hai vecto 1A, IB 1a hai vecto ddi nhau vi ching nguoc hudng va cung do dai, IA=—-1B, IA+IB =0

Chay: | 1a trung diém cta doan thing AB khi va chi khi IA+1B=0.
Vidu 5. Cho tam giac ABC co trong tdam G . Goi M la trung diém cua BC va D la diém doi xung voi G
qua M . Chung minh:

A

D
a) GB+GC =GD
b) GA+GB+GC =0.
Gidi
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a) Vit gidc BGCD c6 hai duong chéo cit nhau tai trung diém mdi duong nén tir giac BGCD I hinh binh
hanh. Suy ra GB+GC =GD . | |

b) Vi hai diém A, D cung thudc duwong thang GM nén céc diém A,G,M,D thang hang.

Taco: GA=GD. Suyra G Ia trung diém ciua AD.

Vi thé GA+GD=0. Vay GA+GB+GC =0.
Chuy: G latrong tm cua tam giac ABC khi va chi khi GA+GB+GC =0.

2. Hiéu cia hai vecto

Hi€u cua vecto @ va vecto b Ia téng ciia vecto d va vectd ddi cia vecto b ,kihiéula a b.
Phép lay hi€u cua hai vecto con dugc goi la phép trur vecto.
Vi du 6. Cho ba diém A, B,O.

A

o B
Vecto OB—0A 14 vecto nio?
Gidi
Taco: OB—OA=0B +(-OA) =0OB + AO = AO + OB = AB.
Nhdn xét: Véi ba diém bit ki A B,O taco: AB=0B—0A.
Vi du 7. Cho bbn diém bat ki A B,C, D . Chirng minh
AB-AD+CD-CB=0.
Gidi
Tac6: AB—AD+CD-CB = (AB—AD)+(CD-CB) =DB+BD=DD=0

PHAN B. BAI TAP TU LUAN
DANG 1. CONG TRU VEC TO

1 ]
Caul. Cho hai véc to ayvab sao cho @+b=0.

uu

a) Dung OA a OB b Chimng minh rang O 1a trung diém ciia AB.
b) Dung OA a AB b Ching minh raing B=0.

. uw Loi giai.
a) OA+ OB = O = OB = —OA:> O l1a trung diém ctua AB.

b) OA+AB a+b 0:>OB O:> B=0O.
Cau2. Cho hinh binh hanh ABCD. Hai diém M va N lan luot 1 trung diém cua BC va AD. Xéc

, uuu uuu uuu 10 T uuu  Uuu uuu
dinh tong cua hai véc-to NC va MC, AM va CD, AD va NC, AM va AN .
Loi giai.
\élllum‘éulij UAUI‘\l"uSu? n uuu uul  UUw uuu B M ¢ E
NC +MC =NC+ AN = AN +NC = AC.
Vi 3:”5 = ESA nén
AM +CD = AM +BA = BA+ AM = BM |
Vi NC = AM nén AD + NC = AD + AM = AE, R
N D

voi E 1a dinh cta hinh binh hanh DAME .
Vit giac AMCN Ia hinh binh hanh nén

uuu uuu (U101}

AM + AN = AC.
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Céu 3.

Céau 4.

Cau b.

Cau 6.

Cau 7.

Cho tam giac ABC. Cac diémM , N va P lan Iuot 14 trung diém cua AB, AC va BC. Xac
dinh hieu AM —AN; MN —NC; MN -PN ; BP-CP.
Loi gidi.

Taco AM — AN =NM .

A
Vi NC = MP nén MN —NC = MN —MP = PN .
~PN = NP nén MN —PN = MN + NP = MP. M N
_CP=PC nén BP—CP =BP + PC = BC.
5 C

Ching minh rang diém | 1a trung diém cia doan thing B

uu uu
AB < IA=1B.
Léi gidi.
. , . o uw U

Néu | la trung diém cua doan thang AB thi IA=IB va hai véc-to IA, IB nguoc huéng. Vay
(9 1]] U

IA=-1B

U uu

U U
Nguoc lai, néu IA=—IB thi 1A= IB va hai véc-to IA, IB ngugc huéng.
Do d6 A, |, B thiang hang. Vay | 1 trung diém cta doan thing AB.
Cho tam giac ABC. Cac diémM , N va P lan luot 14 trung diém cia AB, AC va BC . Chimng

uu uuu UL uuu uuu Ul

minh rang véi diém O bét ki ta c6 OA+OB+0OC =OM +ON +OP.
Loi gidi.
Ta co

uuwu uuu uuwu Ul uu uuu uuu

OA+OB+OC OM + MA+OP +PB +0ON + NC A
=0OM +ON +0OP + MA+ NM + AN
— OM +ON +OP + MN + NM
B P c

uuu uuu uuu 1 uuu uuu uuu

=0OM +ON +OP+0=0OM +ON +OP.

Goi O 1a taim cua tam giac  déu ABC.Chl’Ing minh ring B M
uu uuu uuu 1

OA+0OB+0C =0
Loi giai.

V& luc giac déu AMBNCP noi tiép duong tron (O) : N < A
C

Ul (U190 1}} uuu

Vi BOCN Ia hinh binh hanh nén OB +OC =ON .

uu Ul UL uu uuu 1

Do d6 OA+0OB +0C =0OA+0ON =0.

Cho tam giac ABC. Goi M, N, P lan luot 1 trung diém cua
BC, CA, AB. Chu’ng minh rang

uuu U uuu

a) BM +CN + AP = O

uuu uuu uuu

b) AP+AN AC +BM = 0

uu Ul uuu uuu uuu U

¢) OA+OB+0OC =OM +ON +OP véi O la diém bat ki.
Loi giai.
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Cau 8.

Cau 9.

a) Vi PN, MN 1a duong trung binh ctia tam giac ABC
nén PN//BM, MN // BP suy ra tir giac BMNP la hinh A

uuu uuu

binh hanh = BM = PN .
usu U M N

Vi N 1a trung diém cia AC = CN = NA.
Do d6 theo quy tic ba diém ta co

Uuuu uuu uuu uuu Uul Ul uu uu I C
BM+CN+AP:(PN+NA)+AP=PA+AP=O. B P
, U uuul uuu
b) Vi tlr gide APMN 1a hinh binh hanh nén theo quy tac hinh binh hanh tacé AP + AN = AM ,
, , U uuu UUu uuu uuu uuu uuu uuu uuu
két hop voi quy téc trir = AP + AN — AC + BM = AM — AC + BM =CM +BM ,
uuu uuu uuu uuu uuu uuu ]

Ma CM +BM = O do M 1a trung diém cia BC . Vay AP+ AN — AC + BM =0.

¢) Theo quy tic ba diém ta c6
uu uuu uuul uuu uu uuu uuul uuul uuu

OA+OB +0C :(OP+ PA)+(0M + MB)+(0N 4 Nc)

uuu uuul uuu uu uuul uuu

=(0|v| +ON +OP)+ PA+ MB + NC

uuu uuu uuu

(OM +ON +OP) (BM +CN +AP)

uuu U Ul 1 uu Ul uuu uuu uuu Ul

Theo caua)tacé BM +CN + AP =0 suyra OA+OB+0OC =OM +ON +OP.
Cho hinh binh hanh ABCD tam O, M 1a mét diém bat ki trong mét phang. Ching minh ring

uu uuu uuwu 1

a) BA+ DA+ AC 0.

uuwu

b) OA+OB+OC +0D = 0

uuwu uuu uuu uuu

¢) MA+MC =MB+MD.

Loi gii.
uu uu UUu uu Uuuu UUu uu Uuu UL
a) Taco BA+ DA+ AC =—AB — AD + AC =—(AB+ AD)+ AC .

Theo quy tic hinh binh hanh ta c6 BA+ AD AC suy ra BA+ DA+ AC=-AC+AC=0.

U uu uuu 1

b) Vi ABCD Ia hinh binh hanh nén ta c6 OA CO = OA+OC OA+ A0 =0.

Tuong tu: OB+0OD =0= OA+0B+0C+0D =0.
c) Vi ABCD Ia hinh binh hanh néntacé AB=DC = BA+DC =BA+ AB=0.

Suyra MA+MC =MB +BA+ MD + DC

uuu uuu uu uuu uuu uuu

=MB + MD + BA+ DC = MB + MD.

Cho hinh binh hanh ABCD. Goi O 1a mdt diém bat ki trén duong chéo AC. Qua O ké cac
duong thiang song song véi cac canh cua hinh binh hanh. Cac dudng thing nay cit AB va DC
lan Iugt tai M va N, cat AD va BC lan luot tai E va F . Ching minh
a) OA+OC =0OB+0D.
b) BD = ME + FN
Loi giai
a) Taco AB=OB—-OA, DC=0C-0D.
Vi AB =DC nén OB—OA=0C-OD.
Vay OA+OC =0B+0D.
b) Tt giac AMOE va tir giac OFCN 1a hinh binh hanh nén
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Cau 10.

Cau 11.

Céau 12.

Céau 13.

ME + FN = MA+ MO + FO + FC =(W\+F—O)+(M—O+ﬁ) :(m+m)+(ﬁf+ﬁ)
—BA+BC =BD.
Cho nim diém A,B,C,D,E . Ching minh rang
a) AB+CD+EA=CB+ED.
b) AC+CD-EC = AE - DB +CB.
Loi giai
a) Bién doi vé trai ta c6
VT :(E+ﬁ)+@+(ﬁ+ﬁ) :(@+ﬁ)+(ﬁ+ﬁ)+ﬁ
=(@+ﬁ)+ﬁ+ﬁ:@+ﬁ =VP (dpcm).

b) Pang thuc twong duong véi (A—C —HE’)+(C—D —@) ~EC+DB=0

< EC +BD-EC + DB =0 <> BD + DB = 0(dting).

Cho ngil giac déu ABCDE t3m O, Chimg minh rang OA+0B+0C +0D+0OE =0
Loi giai

Ta chirng minh v = OA+ OB + OC +OD + OE ¢4 hai gia khac nhau.

Goi d 1 duong thing chira OD thi d 13 mot truc di xtng cia ngii gidc déu.

Taco OA+OB =0M , trong d6 M 14 dinh cua hinh thoi OAMB M
va thude d .
Twong tw OC +OE =ON, trong d6 N thudc d . A ,

Do d6 \7:(OTA+@)+(O—C+O—E')+@:O—M+W+O—D’ ch
gidla d.

Taghép v = (@ +0C ) + ((ﬁ + FA) +OE thi v c6 gid laduong ~ F C
thang OE . x%

Viv c6 TA=—IB gia khac nhau nén v =0. b

Cho céc diém A,B,C,D,E,F . Chimg minh ring AD + BE +CF = AE + BF +CD .
Loi giai
Céch 1. Pang thic can ching minh tuong duong voi
(AD - AE)+ (BE - BF )+ (CF ~CB) =0
< ED+FE+DF =0 < EF + FE =0(ding).
Céch 2. VT :ﬁ+ﬁ+@=(ﬁ+ﬁ)+(ﬁ+ﬁ)+(C—D+ﬁf)
= AE + BF +CD +ED + FE + DF = AE + BF +CD =VP.
Cho luc giac déu ABCDEF ndi tiép duong tron tim O, va M 1a mot diém bat ki. Chirg minh
rang
a) OA+0OC +OB +0D +OE +OF =0. b) MA+MC + ME = MB + MD + MF .
Loi giai
a) Tam O cua luc gidc déu 1a tam ddi ximg cta luc gidc nén OA+OD =0, OB +OE =0,
OC +OF =0.
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Do d6 @+@+@+O—D+O_E'+(Yf=(@+@)+(@+ﬁ)+(07+@)=6.
b)
WﬁWC+WEz(W+ﬁ)+(W+FC)+(W+ﬁ)=W+W+T+(§A+D—C+ﬁ)

O

MD + MF -+ (BA + AO + OB)

:W+W+W+(ﬁ+@+A—d):m+ MD + MF +(BA+A + OB
= MB + MD + MF +0 = MB + MD + MF .
DANG 2. XAC PINH PIEM THOA MAN PIEU KIEN
Cau 14. Cho hai diém phan biét A,B. Tim diém M thoa man diéu kién sau day:
2) MA— VB = BA b) MA— MB = AB
¢) MA+MB =0 d) MA= AM
Loi giai
a) MA—MB =BA < BA=BA. Vay moi diém M déu thoa man.
b) MA—MB = AB < BA= AB < A=B. Viy khong c6 diém M nio théa min
¢) MA+MB=0< MA=-MB. Viy M i trung diém cta doan thing AB.
d) MA=AM <M =A.
Cau 15. Cho tam giac ABC. Tim diém M théa man diéu kién MA—MB+MC =0
Loi giai
Tacd MA—MB+MC =0 <> BA+MC =0 < AB=MC.
Vay M la diém xac dinh boi hé thic CM =BA hay M 1a dinh tht tu trong hinh binh hanh
ABCM
Cau 16. Cho tam gi4ac ABC. Tim tap hop cac diém m sao cho
o - 5]
) [0
Loi giai.
a)Ta co \M = \W—M—c\ o ‘m‘ :\@\ < MA=BC
Vay M cach diém A mot doan bang BC khong dbi nén tap hop cac diém M 1a duong tron tam
A, ban kinh R=BC.
b)Ta co ‘m‘ = ‘M—C‘ < MA=MC
Vay M cach déu 2 diém A va C néntap hop cac diém M 1a duong trung truc cua doan AC.
Cau 17. Cho 2 diém A va B. Tim tap hop cac diém M thoa min didu kién ‘er m\ = ‘W—W‘
Loi giai.
V¢ hinh binh hanh AMBN . Goi O la giao diém 2 duong chéo, ta c6
MA + MB = MN =|MA + MB| = MN = 2MO
MA - MB = BA=>|VA- ME| = AB

Diéu kién tuong duong 2MO = AB = MO = % AB

Tap hop cac diém M ¢ tinh chat

MA+ m\ = ‘m—m‘ la dudng tron dudng kinh AB
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DANG 3. TINH PO DAI VEC TO
Cau 18. Cho tam giac déu ABC canh a. Tinh ‘ﬁ +E‘ va ‘ﬁ —E‘ :
Loi gii
Tir tam gidc déu ABC canh a, v& hinh thoi BACD thi

a3

C
E+A—C=Enén\ﬁ+ﬁ\:AD=2AH_2—_aJ§. 4/RU
Tacd AB—AC =CBnén ‘E—A—C‘:‘@‘=C8:a. W

B

Cau 19. Cho tam gidc ABC c6 trung tuyén AM . Trén canh AC =b liy hai
diém E va F sao cho AE =EF =FC, BE cit trung tuyén AM tai N. Tinh d6 dai vecto
U= AE + AF + AN + MN

Loi giai
Tacd AC =FC.Vi MF//BE nén N 1a trung diém
cia AM . Suyra AN +MN =0.

Do d6 u = AE + AF + AN + MN = AF + FC = AC nén
U= AC =b.

Céu 20. Cho tam giac ABC vuong tai A O ABC =30" 3
BC = a«/g. Tinh d6 dai cta cac vecto AB+BC AC-BC y3 AB+AC,

Loi gidi
Theo quy téc ba diém ta c6 AB+BC = AC. B D
Ma sin ABC ='§—g:> AC =BC.sin ABC =a\/§sin 30°:¥.
o I yve a5 1=
Dodo‘AB+BC‘=‘AC‘:AC_— AC —-BC = AC + CB = AB.

2
Tacd: AC*+AB*=BC*= AB=+BC*-AC* = 532_5%:@.

2
a\/15
7

Vi vay \E—ﬁ\ =\ﬁ\ = AB=
Goi D 1a diém sao cho tir giac ABDC I hinh binh hanh.

Khi d6 theo quy tic hinh binh hanh ta c6 AB+AC =AD.

Vitam giac ABC vuong tai A nén tir giac ABDC 1a hinh chir nhat suy ra AD =BC = a5 .
Vay \E+E\ =‘Hj\ = AD=a\5.

Cau 21. Cho hinh vudng ABCD canh b. Tinh \D—A—E\ \mm—c\ \ﬁm—c

Loi giai
Tacdé DA—AB=DA—DC =CA nén D I
\FA—E\:\(?A\:CA:WE.
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Céau 22.

Cau 23.

Céau 24.

~[DB|= DB =bV2.
V& hinh binh hanh CDBM thi DM cit BC tai trung diém | ciia mdi duong.
Taco DB+ DC =DM nén \ﬁ+DT:HW\: DM =2DI .

2
Ma DI? :b2+(gj :sz :\ﬁ+ﬁ\=b\/§.

Cho hinh vuéng ABCD canh a c¢6 O la giao diém cua hai dudng chéo. Hiy tinh
0ACB [A8 + T va [C5 - DA

Loi giai D '
Taco AC=BD=ay/2,0A-CB=CO-CB=BO. Do dé

a2 0

‘OA CB‘ BO——

Vi AB,DC cung huéng nén ‘E-FFCE‘ :‘E‘+‘FC‘ =2a.

N . A B
Tacd CD—DA=CD-CB=BD. Do d6 \CD—DA\=BD=aJ§.

Cho hinh vuéng ABCD canh a ¢6 tdm O. Goi M 14 trung diém ctia AB, N 1a diém dbi xtng
v6i C qua D. Hiy tinh d6 dai cua cac vec to sau MD, MN .

Loi giai
Ap dung dinh 1y Pitago trong tam giac vuéng MAD ta co
2 2
DM? = AM?2 + AD? =(g) +a? =5%:> DM =i Suy ra [MD| = MD=¥.
Qua N ké duong th?mg song song voi AD cit AB tai N 9] (!
P.
Khi d6 tir giac ADNP la hinh vuéng va
a 3a /
PM =PA+AM =a+— ="
2 2
Ap dung dinh 1y Piatgo trong tam giac vuéng NPM ta
co P A M B
2
MNZ = NP? + PM2 = a2 4 33| 13
2 4
= DM :a\él_g.Suyra ‘W‘zMN =a\£1_3l

Cho hinh vuéng ABCD canh a c6 tim Ova M 1a trung diém cua AB. Tinh d6 dai cua cac
vecto AB, AC,0A, OM va OA+OB.

Loi gidi
Taco |AB| = AB=a. [AC|= AC =+/AB? + BC? =av2. A D
\FA\:OA:%AC_ av2 \OM\_OM =2
. @)
Goi E la diém sao cho tir giac OBEA la hlnh binh hanh. E
Khi d6 n6 ciing 1a hinh vudng.
Tac6 OA+OB = OE = |0A+OB|=|OE| = OE = AB=a.
B C
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Cau 25.

Cau 26.

PHAN C.
DANG 1.

Cau 1.

Cho hinh vudng ABCD c6 tdm O va canh a. M 1 mot diém bt ky
a)Tinh ‘ﬁ+03‘ ‘ﬁ—@ﬂ?ﬁ

b)Tinh d6 dai vecto MA—MB —MC + MD

Loi gisi
a) Tac6 OD =BO = AB+0OD = AB+BO = AO. D C
‘E+O—D‘=AO=A—C=ﬂ.
2 2 @

Tacé: OC = AO. Suyra
AB—OC+0OD =AB—-AO+OD=0B+0D =0
:‘ﬁ—aﬂo—d‘:o.

B’ A 3

b) Ap dung quy tic trir ta c6 W\—W—W+W=(WA—W)—(|\T€—W)=FA—R.
Liy B’ la diém d6i xtmg cua B qua A.Khid6 —DC = AB’ = BA— DC = BA+ AB’ = BB’
Suy ra W—W—MCJrMD‘:‘BB":BB’:Za.

Cho hinh vuéng ABCD c¢6 tdm O va canh ava M 1a mot diém bét ky. Tinh
a)Tinh EME\

b)Tinh o?—@\

¢)Tinh ﬁ—ﬁ‘
Loi giai

a) Theo quy tic hinh binh hanh ta c6 AB+ AD = AC .Suy ra D C

\E+H§HE\: AC.

Ap dung dinh 1y Pitago ta c6 AC? = AB? + BC? = 2a’ = AC = a2 O

Vay \E+E‘=a\/§.

b) Vi O 1a tdm cia hinh vudéng nén OA=CO. Suy ra A B

OA-CB=CO-CB=BC .Viy \FA—@\ =\ﬁ\ =a.

c¢) Do ABCD la hinh vuéng nén CD = BA. Suy ra

CD-DA=BA+AD=BD

Ma [BD| = BD = v/AB? + AD? =a+/2 . Suy ra ¢

\c? —ﬁ{ —BD=aV2.

BAI TAP TRAC NGHIEM

CONG TRU VEC TO

Cho hinh binh hanh tdm O. Két qua nao sau day 1a ding?

A. AB=0A-AB B.CO-OB=BA C. AB—AD=AC D. AO+OD=CB
Loi giai

Pap &n B
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Céau 2.

Céau 3.

Cau 4.

Cau b.

Cau 6.

Cau 7.

A B

L]

D C
CO-0OB=CO+0OD=CD = BA

Cho ba vecto @, b va & khac vecto-khdng. Trong cac khang dinh sau, khang dinh nao sai?

A. da+b=b+a. B. (§+5)+6=§+(5+6).
C.d+0=4a. D. 0+a=0.

Loi giai
Chon D
0+a=a.

Cho hinh binh hanh ABCD. Vecto tong CB+CD bang

A. CA. B. BD. C. AC. D. DB.
Loi giai

Chon A

CB+CD=CA.

Cho ba diém phan biét A, B,C . Trong cac khang dinh sau, khang dinh nao sai?

A. AB+BC=AC. B. AC+CB=AB.
C. CA+BC =BA. D. CB+AC=BA.
Loi giai
Chon D
CB+AC = AB.

Cho bén diém phan biét A,B,C, D . Vecto tdng AB+CD+BC + DA bing

A. 0. B. AC. C. BD. D. BA.
Loi giai

Chon A

AB+CD+BC+DA=AB+BC+CD+DA=AA=0.

Cho tam gi4c ABC. Goi M,N,P lan luot 14 trung diém cia AB,BC,CA. Vecto tbng MP+ NP
bang
A. BP. B. MN. C. CP. D. PA.
Loi giai
Chon A
NP + NP = BMi + MP — BP.
Cho hinh binh hanh ABCD va goi I 14 giao diém cua hai duong chéo. Trong cac khing dinh sau,
khang dinh nao dung?
A. IA+DC=1B. B. AB+AD=BD.
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C. IA+BC =1B. D. AB+IA=BI.

Loi gidi
Chgn A
IA+DC=1A+AB=IB.

Cau 8. Cho hinh binh hanh ABCD va goi I 1a giao diém cua hai duong chéo. Trong céc khang dinh sau,
khang dinh nao sai?

A. 1A+DC=1B. B. DA+DC+BI =DI .
C. ID+AB=IC. D. AB+AD+CI =1A.

Loi giai
Chon D

AB+AD+CI =AC+CI =Al .
Cau 9. Cho cac diém phan biét M,N,P,Q,R . Xac dinh vecto tbng MN + PQ + RP + NP + QR..
A. MP . B. MN. C. MQ. D. MR.
Loi giai
Chon A
MN +PQ+RP+NP+QR=MN +NP+PQ+QR+RP=MP .
Cau 10. Cho hinh binh hanh ABCD. Trong céc khang dinh sau, khang dinh nao sai?

A. AB+BD=BC. B. AB+AD=AC.
C. AC+CD=CB. D.DC+DA=DB.

Loi giai
Chon C

AC+CD=AD=BC.
Cau 11. Cho tam gidc ABC va M,N,P lan luot 1a trung diém cua BC,CA, AB. Trong cac khang dinh
sau, khang dinh nao sai?
A. AB+BC+CA=0. B. AP+BM +CN =0.
C. MN+NP+PM =0. D. PB+MC =MP.
Loi giai
PB+MC=PB+BM =PM.
Cau 12. Cho hinh vudng ABCD, tdm O. Trong c4c khang dinh sau, khang dinh nio dtng?

A. BC+AB=CA. B. OC+AO=CA.
C. BA+DA=CA. D. DC+BC=CA.

Loi gidi
Chon A

BA+DA=CD+DA=CA.
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Cau 13. Cho lyc gidc déu ABCDEF c6 tdm O. Trong céc khang dinh sau, khang dinh nao sai?.

Céau 14.

Céau 15.

Céau 16.

Céu 17.

A. OA+OB+0C +0D +OE +OF =0. B. OA+ AB+BO=0.
C. OA+FE =0. D. OA+ED+FA=0.

Loi giai
Chon D

OA+ED=0OA+AB=FA.

Goi 0 latam hinh binh hanh 48cp. Pang thirc ndo sau day sai?

uun uur uu uur uu uuu uur
A. 04- OB= CD.. B. OB- OC= 0OD- 0OA..
(819 1] uuu uuui uuu uuu uuua uuu
C. 4B- AD= DB.. D. BC- BA= DC- DA..
Loi giai
Chon B

Xét cac dép an:
uun uur

, um  uu
* Pap an A. Taco 04- OB= BA= CD. Vay A dung.

{0B- OC= CB= - AL

., , B - =CB=- AD n .

* Dap an B-TaCOiuun wr o uur . Vay B sai.
$0D- 0A= AD

, U ua U
*Pap an C. Taco 4B- AD= DB. Vay C dung.

s ULg qug jug
L . {BC- BA= A ,
* Pap an D. Ta co iuuu wu  ww - Vay D dang
§DC- DA= AC
uur uuu
Goi O latam hinh vudng 4BCD | Tinh O0B- OC
—_— uuul uuwu uul uuu
A. BC. B. D4. C.0D- 04. D. 4B.
Loi giai

Chon B

uu uuu uu uuul

OB- OC= CB= DA.

N pA S N Y 5 U uua M \
Cho o Ia tam hinh binh hanh 4BcD. Hoi vecto (40- DO) bang vecto nao?

uu uw uuu Uuul
A. BA. B. BC. C. DC. D. 4c.
Loi giai
Chon B
A B
D C
uuu uuu Uw uu uuu uuu

AO- DO= OD- OA= AD= BC.

Chon khing dinh sai:
A. Néu | 1a trung diém doan ABthi 1A—1B=0.
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Céau 18.

Cau 19.

Cau 20.

Céau 21.

Céu 22.

B. Néu I 1a trung diém doan ABthi Al—BI =AB.
C. Néu | 1a trung diém doan ABthi Al —IB=0.
D. Néu I 1a trung diém doan ABthi 1A—BI =0.

Loi giai
Chon A
IA—IB=BA=0.

Cho 4 diém bat ky A, B, C, D. Pang thirc nao sau day la dung:

A. OA=CA+CO. B. BC—AC+AB=0.
C. BA=OB-OA. D. OA=0OB-BA.

Loi gidi
Chon B

BC-AC+AB=AB+BC-AC=AC-AC=0.

A. MR. B. MQ. C. MP. D. MN.
Loi giai

Chon D

MN + NP +PQ+QR+RN =MN.

Cho hinh binh hanh ABCDva diém M tuy y. Dang thirc nao sau ddy dung?

A. MA+MB =MC +MD . B. MA+MD =MC + MB -

C. AM +MB=CM +MD. D. MA+-MC = MB+ MD -
Loi gidi

Chon D

Ta co: MA+MC = MB + MD
< MA+MC-MB-MD =0
< MA-MB+MC-MD=0
< BA+DC =0.(dung).

Cho bbn diém A, B, c, o phan biét. Khi d6 vecto G — AD - cD +CB — DB l&:

A G=0. B. u=AD. C.u=cD. D. u=AC.
Loi gii

Chon D

u=AD-CD+CB—DB=AD+DC+CB+BD=AC+CD=AD.

Cho bbn diém A, B, c, D phan biét. Khi d6 vecto 4 — AD — CB + CB — AB bang:

A G=AD. B.u—0. C.u=-Cb. D. 4= AC.
Loi giai

Chon B

U—AD - CD+CB—_AB— AD- AB+CB-CD-BD+DB=0.
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Céau 23.

Céau 24.

Cau 25.

Cau 26.

Céau 27.

Cho 4 diém A, B, C, D . bing thirc nao sau diy ding?

A. AB—-DC =AC-DB.B. AB+CD=AD+BC.

C. AB-DC = AD+CB. D. AB+CD=DA-CB.
Loi gidi

_  — —s —s —  —  ——

AB-DC=AD+DB+CD=AD+CB.

Cho Cho hinh binh hanh ABCD tdmo . Bang thirc nao sau day ding?

_ —  —  — — —_— — —  — —

A. AO+BO-CO+DO=0. B. AO+BO+CO+DO=0.

C. AO+0OB+CO-0D=0. D. OA-OB+CO+DO=0.
Loi giai

Chon B

_ s —s — _ s — — —

Taco: AO+BO+CO+DO=A0+CO+BO+D0O=0.
Do AO, CO dbinhau, BO, DO dbi nhau.

Cho Cho lyc giac déu ABCDEF va O la tam cua no. Dang thic nao dudi day 1a dang thic sai?
A. OA+OC-EO=0. B.BC-EF=AD.
C. OA—OB=EB-0OC.D. AB+CD-EF =0.
Loi giai
Chon D

Taco: AB+CD-EF = AB+BO-0A=AO-0OA=2A0=0.
Cho 4 diém A, B, C, D. Déng thirc nao sau day dang?
A. AB+CD-AD+CB. B. AB+CD-AD+BC.
C. AB+CD-AC+BD. D. AB+CD-DA+BC.
Loi giai
Chon A
AB+CD-AD+CB < AB-AD-CB-CD < DB=DB.
Cho AABC, v& bén ngoai tam giac c4c hinh binh hanh ABEF, ACPQ, BCMN. Xét cac ménh dé:
(I) NE+FQ=MP

(“) ﬁ-i—@:—m
(1) AP+BF +CN =AQ+EB+MC

Ménh dé dung 1 :
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A. Chi (1). B. Chi (111). C. (1)va (I1). D. Chi (II).
Loi gidi

Chon A

NE+FQ=MP.

Cau 28. Cho 5 diém phan bietM, N, P,Q, R . Ménh dé nao sau day dung?

A. MN +PQ+RN+NP+QR=MP. B. MN + PQ+ RN + NP + QR = PR.

C. MN+PQ+RN +NP+QR = MR. D. MN +PQ+RN+NP+QR=MN .
Loi gidi

Chon D.

Cau 29. Cho hinh binh hanh ABCD, dang thiic vécto nao sau day dung?
A. CD+CB=CA. B. AB+AC=AD.
C. BA+BD=BC. D. CD+AD=AC.
Loi giai
Chon A.
Péng thirc vécto CD+CB =CA diing theo quy tic cong hinh binh hanh.
Cau 30. Cho hinh binh hanh ABCD ¢6 tim O. Khing dinh nao sau ddy 1a ding:
A. AB—-AC=DA. B. AO+AC=BO.
C. AO-BO=CD. D. AO+BO=BD.
Loi giai
Chon A.

AT D

Taco AB—AC =CB. Do ABCD I hinh binh hanh nén CB = DA nén AB— AC = DA.
Cau 3l. Cho4diémbitki A, B, C, O. Déng thirc nao sau day dung?

A. OA=0B-BA. B. OA=CA-CO.

C. AB=AC+BC. D. AB=OB+OA.

Loi giai

Chon B

OA=0B—BA < OA—OB =-BA <> BA=—BA nén A sai

OA=CA-CO < OA—CA=-CO < OA+ AC =—CO < OC =—CO nén B ding.
Cau 32. Cho 3 diém phan biét A B,C . Pang thirc nao sau day dung?

A. AB=BC+CA. B. AB=CB+AC.
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C.K§:§6+KE. ELEB:6K+§6.
Loi giai

—_— — — —  —

AB=AC+CB=CB+AC.

Cau33. Cho hinh binh hanh ABCD tam O Khi d6 OA+BO ping
A. OC +OB. B. AB. C. OC+DO. D. CD.
Loi giai
Chon D
OA+BO=BA=CD.
Cau 34. Cho 6 diém A B,C,D,E,F . bing thirc nao sau day dung?

Loi giai

A_B>+ﬁ)'+F_A.+B_C’+§+D_E'
-~ AB+BC +CD+DE +EF +FA"
-~AC+CE+EA=0

Cau 35. Cho hinh binh hanh ABCD, goi M, N lan luot 1a trung diém ctua doan BC va AD. Tinh téng

NC +MC.

A. AC.. B. NM.. C. CA.. D. MN..
Loi giai

Chon A

—_— — — — — — —

NC +MC =NC+ AN = AN +NC = AC.

Cau 36. Cho 6 diém A B,C,D,E,F . Téng véc to: AB+CD+EF bing
A. AF+CE+DB. B. AE+CB+DF.
C. AD+CF+EB. D. AE+BC+DF.
Loi giai
Chon C
AB +CD + EF — (AD + DB + (GF + FD) +(EB + BF ) = AD + CF + EB.

Cau 37. Cho cac diém phan biét A, B, c, D, E, F . Pang thiic nao sau day sai?

A. AB+CD+EF = AF + ED + BC. B. AB+CD+EF = AF +ED+CB.

C. AE+BF + DC = DF + BE + AC . D. AC +BD+EF = AD+BF +EC .
Loi gii

Chon A
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Cau 38.

Cau 39.

Cau 40.

Céau 41.

TacO: AB+CD+EF = AF + ED + BC
< AB—AF +CD-BC +

< FB+DF +CD+CB =

< DB+CD~+CB=0
«CB+CB=0 (V6 ly).

Cho cac diém phan biét a, B, ¢, b . Pang thic nao sau day ding?
A. AC+BD=BC-+DA.B. AC+BD=CB-+DA.
C. Acc+BD=CB+AD.D. AC+BD=BC+AD-
Loi gidi
Chon D
AC+BD=AD+DC+BC+CD=AD+BC-

6Cho tam giadc ABC, trung tuyén AM . Trén canh Ac liy diém E va Fsao cho
AE = EF = FC, BE cat AM taj N. Chon ménh dé dung:

A. NA+NM =0. B. NA+NB+NC =0.
C. NB+NE=0. D. NE+NF =EF .

Loi giai
Chon A

Trong tam giac BCE ¢0 MF la duong trung binh nén MF //BE = MF / /NE
N 14 trung diém cia AM nén NA+NM =0.

Cho tam giéc ABC. Goi D,E,F lan luot 13 trung diém cua cac canh BC,CA, AB . H¢ thtic nao

la dung?
UUu uul uu uu uul UL UUu Ul uu uuu UU U
A. AD+BE+CF AF+CE+BD. B. AD+BE+CF=AB+AC+BC.
Uuwu UUu Uul uu UL uuu uuu
C. AD+BE+CF AE+AB+CD. D. AD+BE+CF=BA+BC+AC.
Loi giai
A
F E
B # 5 # C
Chon A
UUu uul Uu uu uu UL uu uul Uuu

Tacd AD+BE+CF=AF+FD+BD+DE+CE+EF

uu uul uuu uul uu uu
=AF+CE+BD+FD+DE +EF

ur uur  uun o uwr
=AF+CE+BD+FF

uu uul uuu |

=AF+CE+BD+0

uu uu uu

=AF+CE+BD.

Cho hinh lyc gidc déu ABCDEF , tdam O. Ping thtc nao sau day ding?
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Cau 42.

Céau 43.

A. ﬁ+ﬁ+ﬁzﬁ.8. ﬁ?ﬁﬁfjtﬁngwﬁirﬁ

_ — —  —s  ——s  —

Chon A
AF +FE+AB=AE+AB=AD.

Cho tam gidc ABC c0 trong tim G . Goi M 14 trung diém BC, G, la diém déi xung cua G qua
M . Vecto tong G,B+G,C bing

A. GA. B. BC. C. G,A. D. GM .
Loi gidi

Chon A

GB+GC=GG=GA.

Xét tam gidc ABC c0 trong tam G va tam dudng tron ngoai tiép O thoa mén OA+0OB+0C =0.
Hoi trong céc khang dinh sau, c6 bao nhiéu khang dinh dung?

1)@:6;

2) Tamgiac ABC la tam giac vudng cén;

3) Tam gi4c ABC la tam giac déu;

4) Tam giac ABC la tam giac can.

Céau 44.

A. 3. B. 1. C. 2. D. 4.
Loi giai
OA+0B+0C=0G+0G+0G=0=0=G. Do d6 tam giac ABC 1a tam giac déu.

Xét tam gidc ABC noi tiép c6 O 1a tam dudng tron ngoai tiép, H 1a tryc tdm. Goi D 1a diém dbi
xing ciia A qua O. Hoi trong cac khang dinh sau, c6 bao nhiéu khang dinh dung?

1) HB+HC =HD;

2) ﬁ+ﬁ+D—C:m;
3) HA+HB+HC = HH, , véi H, la diém ddi xting cia H qua O;

4) Néu HA+HB+HC =0 thi tam gidc ABC la tam gidc déu.
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Cau 45.

Cau 46.

Céau 47.

Céau 48.

A 3. B. 1. C. 2. D. 4.
Loi gidi
Chgn A

HB + HC = HD = HA+ HB + HC = HH, .
Néu HA+HB+HC =0 thi HH, =0, suyra H =O.
Cho hinh binh hanh ABCD. Hai diém M, N lan luot la trung diém cua BC va AD. Tim dang thic
sai:
A. AM+AN=AC  B. AM +AN = AB+AD
C. AM + AN =MC +NC D. AM + AN =DB
Loi giai
+ Tt gige AMCN I3 hinh binh hanh = AM + AN = AC = A dung.
+ ABCD Ia hinh binh hanh = AB+ AD = AC = AM + AN = B dung.
+ AM =NC,AN =MC = AM + AN = MC + NC = C ding.
Pap an D.
Cho 6 diém A, B, C, D, E, F bat ki trén mit phang. Tim dang thic sai trong cac dang thic sau:
A. AB+CD=AD+CB B. AB+CD+EA=ED+CB

C. AB+CD+EF +CA=CB+ED+CF D. BA+CB+DC+BD=0
Loi giai

PapanD

Ta co:

(ﬁ+@)+(ﬁj+D—C)=6 <BC+CA=BA=0<>B=A.ViA Bbitki — D sai.

Cho AABC, cac diém M, N, P lan luot 14 trung diém ciia céc canh AB, AC, BC. Vi O 1a diém bét
ki. Ménh dé nao sau day dung?

A. ﬁ+@+ﬁ=2(O—M+OW+@) B. OA+OB+0OC =OM +ON +OP
C. 2(@+@+TC)=W+W+@ D. 2(@+@+Cﬁ)=3(O—M+m+@)
Loi gidi
Pap an B
A (9]
M
B - c

VT=0A+0B+0C

_ s — —s s —  —

Cho 4 diém M, N, P, Q bat ki. Bang thirc nao sau day luén dang.
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A. PQ+ NP = MQ + MN B. NP+MN =QP + MQ

C. MN +PQ = NP + MQ D. NM +QP = NP + MQ
Loi giai

Pap an B

Ta co:

—_—

Cau 49. Cho 6 diém A, B, C, D, E, F phan biét. Trong cac dang thirc sau ddy, dang thic nao sai?

RN — _ —  —s  — —

A. AB+DF +BD+FA=0 B. BE-CE+CF -BF =0
C. AD+BE+CF = AE +BF +CD D. FD+BE+AC =BD+AE+CF
Loi giai

_— — —  — —_— —
_— — —  —— _— — —

_ —s — —s  ——s  —

+ FD+DB+BE+EA+AC+FC=0<2FC=0<F=C (méu thuan gia thiét)
= D sal.
Pap an D.
Cau50. Cho n diém phan biét trén mat phang. Ban An ki hi¢u ching la A,A,,..., A . Ban Binh ki hiéu
ching 1a B,,B,,...,B, (A #B,). Vecto tong AB, + AB, +...+ A B, bing

—

A. 0. B. AA - C. BB, . D. AB, .
Loi giai

Chon A

Lay diém O bat ki. Khi do

AB,+AB, +..+ AB, =(AO+AO+...+ AO)+(OB, + 0B, +..+ OB, )

Vi {B,B,,...,B,}={A.,A, ... A} nén
OB, + OB, +...+0B, =OA +OA, +...+O0A,

Do 6 AB, +AB,+..+ AB, =(AO+O0A)+(AO+O0A)+..+(A0+O0A ) =0
DANG 2. XAC PINH PIEM THOA MAN PIEU KIEN

Cau 51. Cho hai diém A, B phan biét. X4c dinh diém M sao cho MA+MB =0
A. M & vi tri bt ki
B. M la trung diém cua AB
C. Khong tim dugc M
D. M nam trén duong trung truc ctia AB

Loi giai
Pap &n B

Cau 52. Cho doanthing AB, M 1a diém thoa MA+BA=0. Ménh dé nio sau day déing?
A. M la trung diém AB. B. M tring A.
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C. M tring B. D. A la trung diém MB .
Loi giai
Chon D
MA+BA=0 < AM +AB=0 < A la trung diém MB .
Cau 53. ChoaABC, B. Timdiém 1 dé IA va CB cung phuong. Ménh dé nio sau day dung?
A. | latrung diém AB. B. I thudc duong trung truc ciia AB.
C. Khong co diém 1 . D. Co vo sd diém I .
Loi giai
Chon D
IA va CB cung phuong nén Al //CB. Suy ra c¢6 vo s6 diém | .
Cau 54. Cho 2 diém phan biét A, B. Tim diém M théa MA—MB=0. Ménh d nio sau day ding?
A. M 1a trung diém AB. B. M thudc duong trung truc cua AB .
C. Khong c6 diém M . D. Cé vo sb diém M .
Loi giai
Chon C
MA-MB =0 < BA=0 (V0 Iy).

Cau 55. Cho tam gidc ABC, M 1a diém théa MA+MB+MC =0 . Ménh dé nao sau day ding?

A. M la trung diém AB. B. M 1i trong tAm AABC.
C. M tring B. D. A 1 trung diém MB .

Loi giai
Chon B

MA+MB+MC=0 nén M la trong tdm AABC.

Cau56. Cho tirgisc ABCD, M la diém théa AM = DC + AB+BD . Ménh d& nao sau day ding?

A. M trung D. B. M trung A.
C. M trung B. D. M trung C.

Loi giai
Chon D

_ s s s —

CAu'57. Cho ABCD I2 hinh binh hanh, M 1a diém thoa AM = AB + AD . Ménh d& nao sau ddy dang?

A. M trung D. B. M trung A.
C. M tring B. D. M tring C.

Loi giai
Chon D
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Céau 58.

Céau 59.

Cau 60.

Céau 61.

Céau 62.

Céu 63.

AM = AB+AD=AC.

Cho ABCD Ia hinh binh hanh tam O, M 1a diém théa AM =OC . Ménh d nao sau day dung?

A. M tring O. B. M trung A.
C. M trung B. D. M trung C.

Loi giai
Chogn A

AM =0OC suyra AM =AO (0 la trung diém AC) nén M triing O.

Cho ABCD Ia hinh binh hanh tam O, M 1a diém théa AM = BC . Ménh d nao sau day dung?

A. M trung D. B. M trung A.
C. M trung B. D. M trung C.

Loi giai
Chgn A

AM =BC =AD, suyra M tring D.

Cho ABCD Ia hinh binh hanh tim o, M 1a diém thoa AM + AB=DC . Ménh d& nao sau day

dang?
A. M trung O. B. M trung A.
C. M trung B. D. M trung C.
Loi gii
Chon B

AM =DC-AB=0.
Cho ta giac PQRNc6é o 1a giao diém 2 duong chéo, M la diém
MN + PQ+ RN + NP + QR = ON . Ménh d& nao sau ddy dung?

A. M tring P. B. M tring Q.
C. M trung O. D. M trung R.

Loi giai
Chgn C

ON = MN +PQ+RN + NP +QR <> NM =NO.

Cho AABC, tim diém M thoa MB+MC =CM —CA. Ménh d& nao sau day dung?

A. M latrung diém AB. B. M Ila trung diém BC.

C. M latrung diém CA. D. M latrong tdm AABC.
Loi giai

Chon D

MB+MC =CM —-CA < MB+MC =AM < MA+MB+MC =0
Suyra M latrong tdm AABC.

Cho ADEF ,tim M théa MD—ME + MF =0 . Ménh d& nao sau day dung?

thoa
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A. MF =ED. B. FM =ED. C. EM =DF . D. FM =DE.
Loi giai

Chon B

MD-ME +MF =0 < ED+MF =0 < FM =ED.

Suyra M 1a diém cubi cua vec to ¢6 diém dau 1a F sao cho FM =ED.

Cau 64. Cho ADEF, M la diémthoa MD—ME +MF =0 . Ménh d nao sau day ding?

[EREEEN —

A.EM=ED+EF. B.FD=EM. C. MD+MF=EM. D. FM =DE.
Loi giai

Chon A

MD-ME+MF =0 <ED+MF =0 < FM =ED.

Suyra DEFM 1a hinh binh hanh. Do d6 EM = ED +EF .

Cau 65. Cho AABCCO Ola trung diém BC, tim M thoa MA+MC +AB=MB. Ménh dé nao sau diy

dang?
A. M trung A. B. M trung B.
C. M trung O. D. M trung C.
Loi giai
Chon D

MA+MC + AB=MB < MA+AB+MC =MB < MB+MC=MB <CM =0
Suyra M trung C.

_  — —s  —

Cau 66. Cho AABC, tim diém M thoa MA+BC—-BM —AB = BA. Ménh dé nao sau ddy dung?

A. M latrung diém AB. B. M i trung diém BC.

C. M latrung diém CA. D. M 1a trong tam AABC.
Loi giai

Chgn C

MA+BC —BM — AB = BA << MA+MC =BA+ AB < MA+MC =0
Suyra M 1a trung diém AC.
Cau 67. Cho AABC, diém M thoa MC —MB+ BM + MA=CM —CB . Ménh d¢ nio sau day ding?

A. M trung A. B. M trung B.

C. ACMB la hinh binh hanh. D. BA+BC=BM.
Loi giai

Chon D

MC ~MB+BM + MA=CM —~CB < BC+BA=BM < BC -BM = ABE <>CM =BA

Suyra M la diémthéa ABCM la hinh binh hanh. Nén BA+BC =BM .
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Cau 68.

Cau 69.

Cau 70.

Céau 71.

Cho AABC, D 1a trung diém AB, E la trung diém BC, diém M thoa

MA+ BC —BM — AB = BA. Ménh dé nao sau day dung?

A. BD=CM. B. AM =ED.

C. M la trung diém BC. D. EM =BD.
Loi giai

Chon D

MA+BC —BM — AB =BA < MA+MC = BA+AB < MA+MC =0
Suyra M Ia trung diém AC. Suy ra BEMD Ia hinh binh hanh nén EM =BD.

A. M la trung diém AB. B. M Ila trung diém BC.

C. D la trung diém BM . D. M la trung diém DC .
Loi gii

Chon D

MA-MB+ AC+MD =CD

< BA+AC+MD=CD

< BC+MD=CD

< MD=DC+CB

< DM =BD.

Cho hinh binh hanh ABCD. Tim vi tri diém N thoa man:
NC+ND-NA=AB+AD-AC.

A. Diém N 1a trung diém canh AB B. Piém C 14 trung diém canh BN
C. biém C 14 trung diém canh AM D. Diém B 14 trung diém canh NC
Loi giai

Taco NC+ND-NA=AB+AD-AC
& (NC—NR) + NB = (A8 + AB) - AC
< AC+ND=AC-AC < AC =DN
— ACND la hinh binh hanh = C 1a trung diém canh BN.

Pap an B.
Cho hinh binh hanh ABCD. Tim vi tri diém M thoa man: MA—MB—MC = AD.
A. Biém M la trung diém canh AC B. Diém M 1a trung diém canh BD
C. biém C la trung diém canh AM D. Biém B la trung diém canh MC
Loi giai
Pap an C
A B
D C
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MA—MB = BA= MA—MB—MC = AD <> BA—MC = AD << CM = AD + AB = AC
Vay C 14 trung diém cua AM

Cau 72. Trén duong tron C(O;R) lay diém c dinh A; B 1a diém di dong trén duong tron d6. Goi M 1a
diém di dong sao cho OM =OA+OB . Khi d6 tap hop diem M la:

A. duong tron tam O ban kinh 2R. B. duong tron tam A béan kinh R
C. dudng thang song song véi OA D. duong tron tam C ban kinh RV3
Loi giai

Tir gia thiét OM =OA+0OB = O, A, M, B theo thtr ti 1 cac dinh ctia hinh binh hanh. Do
AM =OB =R = Tap hop diém M la dudng tron tdm A béan kinh R.
Papan  B.

Cau 73. Cho AABC. Tap hop cic diém M thoa mén \M—A’—W\ =MC I

A. mot duong tron tam C B. duong tron tam | (I 13 trung diém cta AB)
C. mdt duong thang song song véi AB D. 1a dudng thang trung truc ciia BC

Loi giai
Pap an A

i = o -
Vay tap hop diém M 1a duong tron tm C ban kinh AB.

DANG 3. TiNH PQ DAI VEC TO
Cau 74. Cho AABC. Vecto BC— AC dugc V& diing ¢ hinh nao sau day?

A. B. C. D.
A A A
B—C'T%\ R'TQ %
B
B (@) B
B C g == ]
Loi giai

Vi BC-AC=BC+CA=BA
Papan A
Cau 75. Cho tam gidc AABC vudng tai A c6 AB =3cm, BC =5cm. Khi d6 do dai \ﬁ+ ﬁ\ la:
A. 4 B.8 C. 2413 D. V13
Loi giai
Ta co:
AC =vBC? - AB? =4 = Al :2;‘ﬁ+ﬁ‘:2‘§‘:2x/ABZ+AI2 =213,
Papan C.
Cau 76. Cho hinh thang can ABCD, c6 day nho va duong cao cung bang 2a va ABC =45°. Tinh
‘@—E+TC‘.
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A. a3 B. 2a./5 C. a\5 D. a2

Loi gidi
‘@—E+E‘=‘@+ﬁ+ﬁ‘:‘@+ﬁ‘:‘ﬁ‘=\/8H2+DHZ =2a\5
bPapan  B.

Cau 77. Cho 2 vecto a Va b tao véi nhau goc 60°. Biét

5‘ =6;‘5‘:3. Tinh ‘5+5‘+‘5—5‘

A. 3(7 +45) B.3(\7+43)  C.6(5+3) D. (23 ++51)
Loi giai

Dung ﬁ:a;@zﬁ

Dung hinh binh hanh OACB = a+b=0C;a—b=BA

AB
= AOAB vudng tai B= IB:7:ﬁ

2
Ol =+/OB® +IB =T:>OC=\/@:>‘a+b‘+‘a—b‘=\/§+3«/§.
Pap an B.
Cau 78. Cho hinh thang ABCD c6 AB song song véi CD. Cho AB =2a, CD =a. Goi O 14 trung diém cua
AD. Khi d6:
_— —_— — — 3a _—
A. \os+oc\=3a B. \OB+OC\=a C. ‘OB+OC‘:? D. ‘OB+OC‘=0
Loi giai
‘@+ﬁ‘z‘ﬁ+ﬁ+@+5@‘:‘E+FC‘:‘K§‘+‘FC":3a
(vi AB va DC cung hudng)
Papan A
Cau 79. Cho AABC. Vecto BC + AB duoc vé dung ¢ hinh nao dudi day?
A. B. C. D.
- A a A A
E o ij’:scms i BC + AB é i”
AB ¢
B C c B c B c 8 M
Loi giai
Pap an C

Vi theo quy tic 3 diém BC + AB=AB+BC = AC

CAau 80. Cho hinh thoi ABCD ¢6 BAD = 60° va canh 1 a. Tinh do dai \E + ﬁ\.

A. aV3 B. # C. a2 D. 2a

Loi gii
Pap an A
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Goi O la giao cua 2 duong chéo = ‘ﬁ + ﬁ‘ = ‘A_Cf‘ =2AD =a+3

Cau 81. Cho hinh vudng ABCD c6 canh la a. O 1a giao diém cua hai dudng chéo. Tinh ‘ﬁ—ﬁ‘ .

A a3 B. % C. # D. aV2
Loi giai
Pap an C
B e
a
o
A D
(0A - CB) =[O+ BC]| =[oA+ AD| =[] = B2 = 22
2 2
Cau82. Vei va,b ¢ dai[a-+b|:
A. Bao gio cling 16n hon‘a‘ +‘5‘ B. Khong nho hon ‘a‘ +‘5‘
C. Bao gio cling nhé hon ‘a‘+‘5‘ D. Khong 16n hon ‘a‘+‘5‘
Loi giai

Papan D
Theo quy tic 3 diém do dai vecto tong bao gio ciing nho hon hodc bang tong d6 dai 2 vecto thanh
phan.

Cau 83. Cho AABC déu canh a. Khi d6 |AC —CB— AC| bing:
A.0 B.3a C.a D. a(3-1)
Loi giai
Pap an A
‘R—ﬁ—ﬁ‘=‘ﬁ+ﬁ+@‘ =‘m‘=0
Cau 84. Cho tam giac ABC déu canh a, trong tdm G. Tinh do dai vecto ‘E —Cﬁ‘ .

283 c 2 o, &3
3 3 3

A. B.

w |
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Loi giai

Pap an A

B C
Goi K 1a diém déi xtmg véi G qua AC thi AK =GC = \Ké - @\

2a\3

3

=\E—RH@\=2BG=

Cau 85. Cho hinh vudng ABCD ¢4 canh Ia 3. Tinh d6 dai \A—C+ﬁ\ :

A. 6 B. 642 C.12 D.0
Loi giai

Pap an A

\Fc#@\:\z?omﬁj\:z\ﬁ\:s

Cau 86. Cho hinh vudng ABCD canh a, tam O va M 14 trung diém AB. Tinh d¢ dai \FA+ 6@\ .

A a B.3a C. % D. 2a
Loi giai
Pap an A
E
A B
M
0
D c
av2

Taco: AC=a2 vélOA:A—ZC:T

— OM = % Goi E Ia diém sao cho OBEA I2 hinh binh hanh =[OA + OB| = |OF| = AB = a

Cau 87. Cho AABC vudng can tai A c6 BC =a+/2, M 1a trung diém BC. Tinh d9 dai vecto \EJFW\ .

p 26 B. &V2 c &3 o, 10
2 2 2 2
Loi gidi
Pap an D
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Cau 88.

Cau 89.

Cau 90.

B
M C

Dung hinh binh hinh ABMN = \B—A+ W\ - \W\ = BN

Taco: NC = AM =%BC=%:>BN —JBCZ+NC? =

av/10
2

Cho tam giac déu ABC canh bang 3. H 14 trung diém cua BC. Tim ménh dé sai.

AJRBACI-3E  B[BA-BH|-Y2 C[AH4HE -3 D[+ il B
Loi gidi
Pap an D
Y W
B s
D

AB+AC|=AD=3/3 = A dung.
HA+ HB|= ﬁ‘:\ﬁ\:s:B dng.

63

ﬁﬁ-m = ﬁ‘:T:C dl'mg

HA-HE|=[BAl=3= D sai
Cho hinh vudng ABCD c¢6 canh bang a. B¢ dai ‘ﬁ+ﬁ‘ bang
g, V2. c. a3 D. ay/2.
2 2
Loi giai

A. 2a

Chon D.

Theo quy tic duong chéo hinh binh hanh, ta c6
[AD + AB| = [AC| = AC = ABVZ =av2.
Cho tam giac déu ABC canh a, ménh dé nao sau day dang?
A. |AC|=BC. B. AC=a. C. AB=AC. D. |AB|=a.
Loi giai
Chon D.
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Céau 91.

Céau 92.

Cau 93.

Céau 94.

\ﬁ\ — AB =a.

Cho AB khac 0 va cho diém C .C6 bao nhiéu diém D thoa \E\ =\(T5\?

A. Vo sb. B. 1 diém. C. 2 diém. D. Khong c6 diém nao.
Loi giai

Chon A.

Taco ‘EH(T)" < AB=CD.

Suy ra tap hop cac diém D l1a duong tron tdm C bén kinh AB .

Chon ménh dé sai trong cac ménh dé sau day:

A. 0 cung huéng voi moi vecto. B. 0 cung phuong v61 moi vecto.
C.AA=0. D. ‘ﬁ‘>0.

Loi gidi
Chon D.

Ménh dé \ﬁ\ >0 1a ménh d& sai, vikhi A=B thi \ﬁ\ -0.

Cho hinh binh hanh ABCD tam | ; G la trong tdm tam gi4c BCD. Pang thic nao sau day sai?
A. BA+DA=BA+DC.B. AB+AC+AD=3AG.
C. ‘ﬁ—kﬁ‘:‘m—kﬁf‘. D. IA+IB+I1C+1D=0.
Loi giai
Chon A

B M C

Tacd BA+DA=BA+DC < DA=DC (vdly) —>A sai.

G la trong tdm tam giac BCD; A 1a mot diém nam ngoai tam giac BCD —>dang thuc ¢ dap an B
dang.

T 06 A+ BG| - B va [5A + B - |DB]. Ma [DB] = BB - dip in C e

Tac6 1A va IC dbinhau, c6 do dai bing nhau <> 1A+ IC =0; twong tu <> IB+ 1D =0 —» dap 4n
D la dung.

Cho tam gidc ABC déu c6 canh AB=5, H 1a trung diém cua BC. Tinh ‘a—m‘ .

A JA-Tic|-2E . . [GA-g] -5,
c.[cA-Fie]-27. b, [eA-Fe]- 2.

Loi gii
Chon D.

Goi M 1a diém sao cho CHMA 1a hinh binh hanh.
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Cau 95.

Cau 96.

Céau 97.

Ta co: \ﬁ-%\:\ﬁ+ﬁ\=\cﬂ \:CM —2CE (E 1atam cta hinh binh hanh CHMA).

Ta lai c6: AH =¥ (AABC déu, AH 1a duong cao).
A
E
—
B T’ C

Trong tam giac HEC vuong tai H, co:

2
EC =/CH? + HE? = 2.527{#} =ﬂ:\c—A—H—c\=2CE:¥.

4

Goi O 1a giao diém cua hai dwong chéo hinh binh hanh ABCD . Pang thirc nao sau déy sai?
A. BA=CD. B. |AB|=[CD|. C. OA=0C. D. AO=0C.
Loi giai
Chon C.
Tacé O 1a trung diém cua AC nén OA=-OC.
C6 hai luc F,, F, cung tac dong vao mot vat dung tai diém O, biét hai luc F;, F, déu co cuong
do la 50 (N) va ching hop véi nhau mot géc 60°. Hoi vat do phai chiu mét lyc tong hop c6

cuong do bang bao nhiéu?

A. 100 (N). B. 50v/3 (N).
C. 10043 (N). D. Dép 4n khic.
Loi giai
Chon B.
_ A

Giast F,=OA, F,=0B.

Theo quy téc hinh binh hanh, suy ra F, +F, =OC, nhu hinh v&.

Tac6 AOB =60°, OA=0B =50, nén tam gidc OAB déu, suy ra OC =50+/3.
Vay |F, +F;| =|OC| =50V3(N).

Cho tt gidc ABCD c6 AB=DC va ‘E‘ = ‘ﬁ‘ . Khing dinh nio sau day sai?

A. AD=BC. B. ABCD I hinh thoi.
C. ‘@‘:‘ﬁf‘ D. ABCD la hinh thang can.
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Céau 98.

Cau 99.

Céau 100.

Loi giai
Chon D.
Tu giac ABCD ¢6 AB=DC = ABCD la hinh binh hanh (1), nén AD=BC.

ma 48| [BC] (2).
Tir (1) va (2) tacé ABCD I hinh thoi nén |CD| =|BC| .
Cho tam gidc ABC vubng cantai A c6 AB=a. Tinh ‘ﬁ+ﬁ‘

a2
e

A. ‘E+E:a\/§. B. ‘ﬁJrA—C‘:

C. ‘ﬁJrE:Za. D. ‘E+E‘:a.
Loi giai
Chon A.
Goi D 1a diém thoa ABDC la hinh binh hanh. Tam giac ABC vubng can tai A suyra ABDC la

hinh vuéng. ‘EJFE‘ = ‘ﬁ‘ —2AM =BC =a+/2.

Cho tam gi4c ABC déu canh a, c6 AH la dudng trung tuyén. Tinh ‘E+m‘

A ﬂ. B. 2a. C. a*/1_3. D. ay3.
2 2
Léi gidi
Chon C.
A
B H c
K M

Dung CM = AH = AHMC I hinh binh hanh = AC+ AH = AM =|AC + AH| = AM .
Goi K dbi xing voi A qua BC =>AAKM vudng tai K.

a
AK =2AH =a+/3 ; KM =CH =5

AM = JARZTRM? = (ax/§)2+(%j2 _ a3

Cho ba lyc F,=MA, F,=MB, F,=MC cung tic dong vao mot vat tai diém M va vat ding

yén. Cho biét cuong d6 cua F,, F, déu bing 25N va gbc AMB = 60°. Khi d6 cuong d6 lyc cua

F la
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maal

OA

B

A. 25\3N. B. 50/3N. C. 504/2N. D. 100/3N.
Loi giai

Chon A.
Vit ding yén nén ba hyc da cho can bang. Ta dugc E3 = —(El +E2) :

O)\

=-MA-MB=-MN.

Dung hinh binh hanh AMBN . Tacé —F, —F,

Suy ra ‘E‘=‘—W‘= MN =2\/§%=25\/§.

Cau 101. Cho tam gidc ABC c6 G latrong tm, | 14 trung diém BC. Tim khing dinh sai.
A |IB+IC+1A=1A. B.|IB+IC|=BC.
C.|AB+AC|=2Al. D.|AB+AC|=3GA.
Loi giai

Chon B.

A

C

B I

E+E+ﬁ\ = \6+E\ = \Vx\ =1A (Do | 1a trung diém BC) nén khing dinh & A dung.

AB+AC :Wﬁ\ — AD =2Al (Goi D la diém thoa ABDC I2 hinh binh hanh, 1 1a trung diém

BC) nén khang dinh ¢ C dung.
AB + AC|=2Al =3GA (Do G la trong tdm tam gi4c ABC ) nén khing dinh & D ding.
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\E+E\ =\6\ —0 (Do | 1a trung diém BC) nén khing dinh & B sai.

Cau 102. Cho hinh binh hanh ABCD . Pang thiic nao sau day sai?

A. ‘EH@\. B. \B—C'Hﬁ\.
c.[ad|=[sc|  ©.[Ag=[c5)
Léi gidi
Chon A.
B Re
A "D

Taco \E\ = \ﬁ\ la ddng thirc sai vi do dai hai dwong chéo cua hinh binh hanh khéng bing nhau.

Cau 103. Cho hinh vudng ABCD canh 2a. Tinh \ﬁ+ﬁ\.

A. 4a/2. B. 4a. C. 2a+/2. D. 2a.
Loi giai

Chon C.

Tacod ‘ﬁ+ﬁ‘:‘ﬁ‘:AC:2a\/§.

Cau 104. Cho tam giac ABC déu, canh 22, trong tamG . Do dai vecto AB—GC |3

A 223 B. 22 c. 43 D, &3
3 3 3 3
Loi giai
Chon C.
Tac: AB-GC —GB -GA-GC - GB—(GA+GC) —GB —(—GB) vi GA+GB+GC =0.
2 2a/3 4a\3

3 (E ddixang voi G qua M ).

Khi do \E—cﬁ\ =\ﬁ\ —2GB=2.%.
3 2 3

Cau 105. Tam giac ABC thoa man: ‘ﬁ?ﬂﬁ‘ =‘ﬁ—ﬁ‘ thi tam gi4c ABC 1a

A. Tam giac vubng A. B. Tam giac vuéng C.
C. Tamgiac vubng B. D. Tam giac cantai C.

Loi giai
Chon A
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Goi E la trung diém BC, M la diém théa ABCM Ila hinh binh hanh. Ta co
‘E+A—C‘=‘E—A—C‘©‘m‘z‘@‘@ AE =%BC. Trung tuyén ké tr A bing mét nua canh

BC nén tam giac ABC vudng tai A.

Cau 106. Cho hai lyc F, =MA, F, = MB cing tic dong vao mot vat tai diém M cuong do hai luc F,, F,

lan luot 14 300(N) va 400(N). AMB =90°. Tim cudng d6 cua hyc tong hop tac dong vao vat.
A 0(N). B. 700(N). C. 100(N). D. 500(N).

Loi giai
Chon D.

L:"-H"

o

M

Cuong d6 luc tdng hop cia \E\ = ‘E—FEz‘ = \l\TA+ W\ = 2\W — AB (I 1a trung diém ciia AB).

Taco AB=+MA’+MB” =500 suy ra [F|=500(N).
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